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We show that if T i is a tree of order i and s < t.,/2n, then "/',, T 3 . . . . .  T~ can be packed into 
the complete graph K". 
The graphs Gt, G2 . . . . .  Gt are said to be packed into a graph G if G has edge 
disjoint subgraphs G'~, G~ . . . . .  G~ such that G'~ ~ G~, i = 1 . . . . .  I. For simplicity 
one usuaUy identifies G~ with G~. (See [1,Ch. VII I]  for a number of packing 
results.) Gyfirf~is and Lehel conjectured ([3], see also [1, Conjecture 23, p. 436]) 
that if T~ is a tree of order i for i = 2, 3 . . . . .  n then the graphs T2, T.~ . . . . .  T, can 
be packed into K". Gyfirffis and Lehel proved their conjecture in the ca~c when 
all but at most two of the trees are stars. Furthermore, Straight [4] verified the 
conjecture for n <~7. The aim of this note is to point out that a fair number of 
trees of different order can be packed into K" provided the trees are not t(x) large. 
Theorem. Suppose 3 ~ s < ~x/-2~n and T2, T~ . . . . .  T~ are trees such that 1~ has order 
i for each i. Then for every k, 2 <~ k < s, every packing of Tk, i, Tk +2 . . . . .  "F~ into K" 
can be extended to a packing of Tk, Tk~t . . . . .  T, into K". In particular, 
T2, T3 . . . . .  7~ can be packed into K". 
Proof. Consider a packing of Tk+t, Yk+2 . . . . . .  "rs into K" and put H= 
G-U~,k+l  T~. The graph H has order n and size 
e (H)=(2  ) -  ~ ( j - l )=½{n2-n - (s+k- l ) ( s -k )} .  (1) 
j =-k+l 
We claim that H has a subgraph F of minimum degree at least k --!. Indeed, 
otherwise (see [1, Relation (0.5), p. xvii]) 
e(H)<~(k2 1)+(k -2) (n -k  + 1). (2) 
Relations (1) and (2) imply 
2k2-2k(n  +2)+n2+3n-s2+s-<-0 ,  
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which is false since 
(n + 2)2 < 2(n" + 3n -s2+s). 
Finally, 8(F)>~ k implies that P has a subgraph isomorphic to "irk. Indeed, "irk 
can be embedded into F vertex by vertex by vertex if V(Tk) = {xl, x2 . . . . .  Xk} is 
such that for each i the set {xt, x2 . . . . .  x~} spans a subtree of "irk. [ ]  
Erd6s and S6s conjectured [2] (see also [1, Conjecture 28, p. 437]) that every 
graph of order n and size greater than ½(k - 1)n contains every tree of order k. The 
truth of this conjecture would allow one to replace the bound ~,/'2-n in the 
theorem by ~x/,~n, which would be essentially best possible. 
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